Obviously, M(2, q) = q, but apart from this trivial case, few of these Ramsey numbers are known. Greenwood and Gleason [2] have shown that 7kΓ (3, 3) -6, Λf(3, 4) -9, M(3, 5) = 14, and M(4, 4) = 18. These results are obtained by a different method in [3] . The only other known values are ikf (3, 6) = 18 (see [4] or [6] ), and M(3, 7) = 23 (See [1] ).
In order to establish the value of M{p, q), it is necessary to construct a (p, g)-colouring of the (M -l)-clique. Proof of the existence of such colourings is accomplished in [2] using finite field residue theory, and by means of "regular colourings" in [3] . The uniqueness of these colourings is also of interest. For in a (p, q + l)-colouring all points joined by blue lines to a given point must be (p, #)-eoloured. Similarly, in a (p + 1, g)-colouring all points joined by red lines to a given point must be (p, g)-coloured. When one is discussing the existence of (p, q + 1) and (p + 1, #)-colourings, it is of considerable help to know what (p, #)-colourings are possible.
A (4, 4) -colouring of the 17-clique has been constructed in [2] and [3] . Here it will be proved that this (4, 4) It is easily seen that there is a unique (3, 3) -colouring of the 5-clique. It contains 5 red lines forming a pentagon. The proof of Lemma 1 is not difficult, and will be found in [4] and [6] , This result has been obtained by others as well-for example, it was known to Greenwood and Gleason in 1961. LEMMA 1. There are three nonisomorphic (3,^-colourings of the 8-clique with 10, 11 and 12 lines, respectively ( Figure 1 gives the red lines).
COROLLARY. There are three distinct (4, 3) -colourings of the 8-clique with 18, 17 and 16 red lines (complement of Figure 1 gives the red lines) Kery also mentions that there is a unique (3, 5) -colouring of the 13-clique. A proof of this statement will be found in [4] , where lists of all nine (3, 4) -colouring of the 7-clique, all twelve (3, 5)-colourings of the 12-clique, and all seven (3, 6) -colourings of the 17-clique are also given. 3* A uniqueness theorem* The result to be proved in this section is the following:
THEOREM. There exists a unique (4, ^-colouring of the 17-clique.
The proof of this Theorem is fairly long, and will be given in a series of Lemmas. In all diagrams, only red lines are drawn in. , 17 ( Figure 3 ). It will be shown that red lines joining points in 2,3, « ,9 to points in 10,11, , 17 may be drawn in essentially one way only. Proof. 10 is joined by blue lines to 13, 14, 15, 1 and to four points in 2, 3, * ,9. This 8-clique must be coloured as in Figure  2 (b). 13-14-15 is a red triangle, and by symmetry in Figure 2 (b), {13,14,15,} may be identified with {P, Q, R}. (There is only one kind of red triangle in Figure 2 (b) ). Now 1 is joined by blue lines to 13,14 and 15 and must correspond to U. The four points in 2, 3, , 9 joined by blue to 10 must correspond to WVTS, and they form a red path W-V-T-S of length 3.
Also, 10 is joined by red lines to 11,12,16 and 17 plus four points in 2,3, « ,9 and this 8-clique is coloured as in Figure 2(a) . 16-17-11-12 is a red path of length 3 in Figure 2 . , 9, take 10-2,10-3,10-6, and 10-9 red in Figure 3 . Now 10-2 is red, and 3,6, and 9 are all joined by red lines to both 2 and 10. By Lemma 3(i), there is no other point joined by red lines to 10 and 2 both. Therefore, 2 is joined by blue lines to 11,12,16 and 17, and 2-13, 2-14 and 2-15 are red. Now 2-13-14-15 is a red 4-clique. No (4, 4)-colouring results in the third case above, and the proof of Lemma 4 is complete.
LEMMA 5. For each point K in 10, 11, ---,11, the four points in 2, 3, » ,9 which are joined to K by red lines are numbered α, a + 1, a + 2, a + 4, or α, a + 1, a + 2, a + 6 (mod 8) for some a = 2, 3, « ,9.
Proof. By Lemma 4, the eight points 2, 3, , 9 must be divided into two disjoint red paths of length 3, one joined to 10 by red lines and the other joined to 10 by blue lines. This can be done in two ways only:
(i) The four points in 2, 3, , 9 joined by red to 10 are numbered consecutively (mod 8)
(ii) They are numbered α, a + 1, a + 2, a + 4 or a, a + 1, a + 2, a + 6 (mod 8). In either case, 10 (and by symmetry, each point K in 10,11, « ,17) is joined by red lines to three consecutive points α, a + 1, a + 2, in 2, 3, •••, 9.
Take 10-2,10-3,10-4 red. If 2, 3, and 4 are also joined by red lines to another point L in 10,11, , 17, Lemma 3(i) or 3(ii) will be violated. Therefore, each of the 8 sets of three consecutive points {2, 3, 4}, {3, 4, 5}, , {9, 2, 3} is joined by red lines to exactly one point in 10,11, « ,17. If (i) held, this condition would be violated, and therefore the Lemma holds.
COROLLARY.
TO each a = 2, 3, , 9 there corresponds a unique K in 10,11, , 17 to which α, a + 1 and a + 2 {addition mod 8) are joined by red lines.
Proof of theorem.
By the corollary above, Table 1 may now be constructed. Four points in a column of the table are all joined by red lines to the same point K in 10,11, « ,17. The eight sets of three consecutive points may be entered, one in each column. By symmetry, take 10-2,10-3,10-4 red. Either 10-6 or 10-8 is also red by Lemma 5, and by symmetry in 6 and 8, take 10-8 red. Since there are no more red lines from 8, the remaining point in the column with 4, 5, 6 cannot be a + 4 = 8, and must be a + 6 = 2. Similarly, there are no more red lines from 2, and the column with 6, 7, 8 must contain 4; the column with 8, 9, 2 must contain 6. By Lemma 3(i), 10 and 11 are both joined by red lines to one point in 2, 3, , 9 . By Table 1 , 11 is joined by red lines to 5, 6, 7 or to 7, 8, 9 . The same comment applies to 17. But the graph is symmetrical with respect to 11 and 17 (only red lines from 10 have been specified). Therefore, join 11 by red lines to 5, 6, 7, and 17 by red lines to 7, 8, 9 (Table 2) . Now 10 and 17 are joined by red lines to 11, 16, and 8. By Lemma 3(i), there is no additional point joined by red lines to both 10 and 17, and thus 17-3 is blue. By Lemma 5(α = 7), 17-5 is red. There are no more red lines from 5, and by Lemma 5(α = 9), 7 may be entered in the 9-2-3 column of Table 2 . Similarly, 9 and 3 may be entered in the second and fourth columns of Table 2 .
By Lemma 3(i), there is just one point in 2, 3, « ,9 joined by red lines to both 11 and 12. Therefore, 12 must be entered above the seventh column of Table 2 . Similarly, 13, 14, 15 and 16 must head columns 2, 5, 8 and 3.
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